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KOIDE FORMULA AND THE CONNECTION OF ELEMENTARY 

PARTICLE MASSES WITH THE FINE-STRUCTURE CONSTANT α. 
 

 Abstract. The article explores the relationship between the masses of elementary particles and 

the fine-structure constant α. In addition to the Koide formula, a new formula is proposed, which is 

as accurate as the Koide formula. The new formula demonstrates the connection between the masses 

of four elementary particles (electron, proton, tau lepton, and muon) with the fine-structure constant 

α: 

 
 Considering the high precision of the fine-structure constant and the accurate experimental 

values of the electron, proton, and muon masses, the new formula provides a significantly more 

accurate value for the mass of the tau lepton compared to the current experimental value: 

mτ/me=3477.0298…  (1776.7586… MeV) 
 The obtained value of the tau lepton mass (1776.7586... MeV/c2) is within the range of the 

experimental value but does not coincide with the result obtained by the Koide formula (1776.9688... 

MeV/c2). The Koide formula and the new formula yield different values for the mass of the tau lepton 

with high precision in both results. Both mass values are significantly more accurate than the current 

experimental value. The discrepancy between the results of the two formulas requires explanation. 

 Keywords: Nambu formula, Barut formula, Koide formula, spectrum of elementary particle 

masses, electron, muon, tau lepton, proton, fine-structure constant. 

 

1. Introduction 
 Explaining the spectrum of masses of elementary particles remains one of the unresolved 

challenges in modern physics [1]. The idea of providing an explanation for the spectrum of elementary 

particle masses based on the connection of masses with the fine-structure constant belongs to Y. 

Nambu [2]. He proposed an empirical formula that generates the spectrum of masses of elementary 

particles. This idea was further developed in the work of A. O. Barut [3]. Research aimed at obtaining 

empirical formulas that generate the masses of elementary particles continues to this day. The focus 

of the research is on refining and improving empirical mathematical models that generate the spectrum 

of masses of elementary particles. However, the accuracy of the masses of elementary particles 

obtained from empirical formulas remains significantly below the precision of their experimental 

values [4, 5]. 

 In 1983, Koide proposed an empirical formula [6] linking the masses of leptons. The Koide 

formula significantly surpasses the accuracy of Nambu's and Barut's formulas and similar empirical 
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formulas. The Koide formula is attractive for its high precision and for demonstrating the 

interconnectedness of the masses of elementary particles. It stands out as the only equation connecting 

the constants of masses of elementary particles with high precision. The search for equations similar 

to the Koide formula, which include the masses of other elementary particles, remains a current 

challenge. 

 

2. Nambu Formula  
 Y. Nambu proposed the following empirical formula: 
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 where 𝑁 is a positive number, 𝑚e is the mass of the electron, and α is the fine-structure 

constant.  

 The empirical formula (1) has been studied by many authors [7-21]. Each particle has its own 

value of 𝑁. For example, with 𝑁 = 27, the formula gives a mass value close to the proton's mass. The 

Nambu formula provides quanta for particle masses: 35, 70, 105, 140 MeV, etc. [9-13, 22]. For some 

elementary particles, the formula allows obtaining mass values with deviations within 1% [4]. 

 The value of the Nambu formula lies in its very simple empirical equation demonstrating the 

connection of the fundamental constant of quantum electrodynamics α with the values of elementary 

particle masses. However, the formula's drawback includes the lack of theoretical justification and the 

relatively low accuracy of the obtained mass values of elementary particles. 

 

3. Barut Formula  
Building on Nambu's idea, Barut in 1979 derived the following empirical relationship for lepton 

masses [3]:  
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where 𝑁 is a positive number, and 𝑚e is the mass of the electron. Unlike the Nambu formula, Barut's 

formula represents the difference in masses through the fine-structure constant α. Authors have 

pointed to the fundamental nature of the difference in masses of pions and muons in the mass 

distribution of elementary particles [16]. 

 

4. α-me-Quantization of Mass Spectrum 
 The relationships between the experimental values of elementary particle masses indicate a 

quantized mass spectrum. Both the Barut and Nambu formulas generate a quantized mass spectrum 

of elementary particles. Nambu's and Barut's formulas show that the quantization of elementary 

particle masses is determined by two fundamental constants: the fine-structure constant α and the mass 

of the electron me. Mac Gregor even introduced the term "α-quantization" [9-13]. 

 The value of the Nambu and Barut formulas lies in being the first to emphasize the existence 

of a dependence of the mass spectrum on two fundamental constants of quantum electrodynamics—

the electron mass me and the fine-structure constant α. However, a drawback of both formulas is the 



lack of theoretical justification and the relatively low accuracy of the obtained mass values of 

elementary particles. The low accuracy is a consequence of the limited capabilities of empirical 

formulas. Accuracy within 1% is clearly insufficient for formulas generating the mass spectrum, 

especially considering the much higher precision of experimental mass values. It is evident that the 

quantization of the mass spectrum follows a more complex law than the simplified mathematical 

models presented by the empirical Nambu and Barut formulas. The law governing the mass spectrum 

cannot be represented by simplified mathematical models. 

 

5. Koide Formula 
 Experimental values of masses for certain elementary particles vary significantly in precision. 

For instance, highly precise values are known for constants such as the fine-structure constant 

(0.007297 352 5693(11)), muon-electron mass ratio (206.768 2830(46)), and proton-electron mass 

ratio (1836.152 673 43 (11)). Against such precise constant values, the tau-electron mass ratio stands 

out with a less accurate value of 3477.23(23). 

 In 1983, Koide proposed the following formula relating the masses of leptons [6]: 
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 where: me - mass of the electron, mμ - mass of the muon, mτ - mass of the tau lepton.  

 The formula provides a highly accurate value for the mass of the tau lepton, which remains 

significantly more precise than the current experimental value to this day: 

𝑚𝜏= 1776.968884 ± 0.000065 MeV/c2   (4) 

 The Koide formula stands as the only precise formula linking the masses of leptons. However, 

when using masses of other elementary particles, the Koide formula does not yield accurate results 

[23-26]. The advantage of the Koide formula lies in consolidating constants of masses into a single 

formula, where the values are known with high precision, alongside a less precise constant—the mass 

of the tau lepton. The Koide formula allows 'pulling up' the accuracy of the less precise constant to 

the level of more accurate constants. The Koide formula lacks a theoretical explanation [27-30]. 

 

6. Formula Linking the Masses of Elementary Particles with the Fine-Structure 

Constant α 
 The formulas of Nambu and Barut are mathematical models that reflect regularities discovered 

in the mass spectrum of elementary particles. The Koide formula illustrates the connection between 

specific mass constants within the mass spectrum. The appeal of Nambu and Barut's formulas lies in 

their utilization of the fine-structure constant. The Koide formula stands out for its high precision. 

Below is a formula that combines the merits of Nambu, Barut, and Koide. 

 In addition to the Koide formula (3), a new formula is proposed by Koide (Fig. 1), which is no 

less accurate than the Koide formula. The new formula uses five constants, four of which are known 

with high precision. The formula links the masses of four elementary particles (electron, proton, tau 

lepton, and muon) with the fine-structure constant α. 

 



 
 Fig. 1. Formula linking the masses of four elementary particles with the fine-structure constant 

α. me - mass of the electron, mμ - mass of the muon, mτ - mass of the tau lepton, mp - mass of the 

proton, α - fine-structure constant. 

 

 The formula (Fig. 1) bears some structural resemblance to the Koide formula. However, 

instead of the number 2/3, it incorporates the dimensionless fundamental physical constant — the 

fine-structure constant α. Considering the high precision of the fine-structure constant α and the 

accurate experimental values of the masses of the electron, proton, and muon, the formula provides a 

significantly more accurate value for the mass of the tau lepton compared to the current experimental 

value: 

)...7586.1776(...0298.3477 MeV
m

m

e


 (5) 

 The obtained value of the tau lepton mass (1776.7586…MeV/c2) falls within its experimental 

range. However, the value obtained by the formula (Fig. 1) for the tau lepton mass (5) does not 

coincide with the value obtained by the Koide formula (1776.9688… MeV/c2). The Koide formula 

and the new formula yield different values for the mass of the tau lepton with very high precision in 

both mass values. This is an unexpected result. Both values for the tau lepton mass are significantly 

more accurate than the current experimental value. The reasons for the discrepancy between the results 

of the two formulas require explanation. 

 

7. Conclusion 
 The different calculated values of the tau lepton mass from the Koide formula and the new 

formula indicate that both formulas cannot be simultaneously correct. This situation could be clarified 

by either a more accurate experimental value of the tau lepton mass, theoretical justification of the 

formulas, or a theory of the mass spectrum of elementary particles from first principles. Obtaining a 

more precise experimental value for the mass of the tau lepton is a challenging task [31]. Therefore, 

there is a pressing need for the development of a theory of the mass spectrum of elementary particles 

[1]. 

 

8. Conclusions 
 1. In addition to the Koide formula, a formula is proposed that links the masses of elementary 

particles with the fine-structure constant: 
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 2. The new formula provides a value for the tau lepton mass that is significantly more accurate 

than the current experimental value. 
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 3. The value of the tau lepton mass obtained from the new formula does not coincide with the 

value obtained from the Koide formula. This is an unexpected result that requires an investigation into 

the cause of the discrepancy. 

 

References 

1. Ginzburg, V.L. (1999) What Problems of Physics and Astrophysics Seem Now to Be 

 Especially Important and Interesting (Thirty Years Later, Already on the Verge of XXI 

 Century) Physics-Uspekhi, 42, 353-373. 

 https://doi.org/10.1070/PU1999v042n04ABEH000562  

2. Nambu Y. An empirical mass spectrum of elementary particles. In: Progress of Theoretical 

 Physics, 1952, vol. 7, iss. 5–6, pp. 595–596 

3. Barut, A. O. (1979) Lepton mass formula, Physical Review Letter, 42, 1251. 

 http://dx.doi.org/10.1103/PhysRevLett.42.1251. 

4. Karl Otto Greulich. Calculation of the Masses of All Fundamental Elementary Particles with 

 an Accuracy of Approx. 1%. Journal of Modern Physics 2010. 1(05): 300-302. 

 DOI: 10.4236/jmp.2010.15042 

5. Adrian Radu. Comment on "Calculation of the Masses of All Fundamental Elementary 

 Particles with an Accuracy of Approx. 1%". Journal of Modern Physics, 2010, 1, 300-302.  

 https://doi.org/10.48550/arXiv.1102.2815 

6. Koide, Y. (1983). New view of quark and lepton mass hierarchy. Physical Review D, 28(1), 

 252. DOI:10.1103/PhysRevD.28.252 

7. Jensen E. Regularities in the masses of some elementary particles.RVAU-IMS-80-2, Veterin. 

 Agricult. Univ. Dept. Math. Stat., Copen-hagen, 1980. 

8. Giani S. Particle Mass-Formulae. CERN-OPEN-2004-004, 02 March2004. 

9. Mac Gregor M. H. Electron generation of leptons and hadrons with re-ciprocal α-quantized 

 lifetimes and masses. arXiv: hep-ph/0506033. 

10. Mac Gregor M. H. The top quark to electron mass ratio. arXiv: hep-ph/0603201. 

11. Mac Gregor Malcolm H. A “Muon Mass Tree” with α-quantized Lep-ton. Quark and Hadron 

 Masses. arXiv: hep-ph/0607233. 

12. Mac Gregor M. H. Models for Particles. Lett. Nuovo Cim., 1970, v. 7,211–214. 

13. Mac Gregor M. H. The Power of Alpha: The Electron Elementary Par-ticle Generation with 

 Alpha-Quantized Lifetimes and Masses. World Scientific Publishing, Singapore, 2007. 

14. Palazzi P. Particles and Shells. CERN-OPEN-2003-006, 2003. arXiv:physics.gen-

 ph/0301074. 

15. Palazzi P. The meson mass system. Int. J. Mod. Phys. 2007, v. 22, 546–549. 

16. Shah G. N., Mir T. A. Pion and muon mass difference: a determiningfactor in elementary 

 particle mass distribution. Mod. Phys. Lett. A.,2008, v. 23, 53. 

http://dx.doi.org/10.1103/PhysRevLett.42.1251
http://dx.doi.org/10.4236/jmp.2010.15042
file:///C:/Users/Cibermag/Desktop/%09https:/doi.org/10.48550/arXiv.1102.2815
file:///C:/Users/Cibermag/Desktop/%09https:/doi.org/10.48550/arXiv.1102.2815
https://dic.academic.ru/dic.nsf/ruwiki/175806
http://dx.doi.org/10.1103%2FPhysRevD.28.252


17. Mir T. A., Shah G. N. Order in the mass spectrum of elementary parti-cles. arXiv: physics.gen-

 ph/0806.1130. 

18. Chiatti L. A Possible Model for the Mass Spectrum of Elementary Par-ticles. Phys. Essays., 

 2012, v. 25, 374–386. 

19. Sidharth B.G. A Formula for the Mass Spectrum of Baryons and Mesons. 2003. URL: 

 arXiv:physics/030601 

20. Acharya, R., Nigam, B.P. Lepton-quark symmetry and Barut's lepton mass formula. Lett. 

 Nuovo Cimento 31, 437–438 (1981). https://doi.org/10.1007/BF02776172 

21. B P Nigam 1990 J. Phys. G: Nucl. Part. Phys. 16 1553DOI 10.1088/0954-3899/16/10/019 

22. David Akers. Rotational Spectra of the Exotic and Non-exotic Baryons.  

 https://doi.org/10.48550/arXiv.hep-ph/0311031 ) 

23. N. Fabiano, N. Mirkov, S. Radenovi´c, Some Observations on Koide Formula, J. Sib. Fed. 

 Univ. Math. Phys., 2022, 15(2), 236–240. DOI: 10.17516/1997-1397-2022-15-2-236-240.  

24 Gao, G H., Li, N. Explorations of two empirical formulas for fermion masses. Eur. Phys. J. 

25. Zhi-zhong Xing, He Zhang. On the Koide-like Relations for the Running Masses of Charged 

 Leptons, Neutrinos and Quarks. https://doi.org/10.48550/arXiv.hep-ph/0602134) 

26. Markovitch, J.S. (2012). The Koide formula and its analogues. viXra. 

 C 76, 140 (2016). https://doi.org/10.1140/epjc/s10052-016-3990-3 

27. Yoshio Koide. Challenge to the Mystery of the Charged Lepton Mass Formula. 

 https://doi.org/10.48550/arXiv.hep-ph/0506247 

28. Esposito S., Santorelli P. A Geometric Picture for Fermion Masses. 1996. URL: 

 arXiv:hepph/9603369 

29. Foot R. A note on Koide’s lepton mass relation. 1994. URL: arXiv:hep-ph/9402242  

30. Rivero A., Gsponer A. The strange formula of Dr. Koide. 2005. URL: arXiv:hep-ph/0505220 

 https://doi.org/10.48550/arXiv.hep-ph/0505220 

31. J. Y. Zhang. τ lepton mass measurement at BESIII. https://doi.org/10.48550/arXiv.1812.10056  

 

file:///C:/Users/Cibermag/Desktop/%09https:/doi.org/10.48550/arXiv.hep-ph/0311031
file:///C:/Users/Cibermag/Desktop/%09https:/doi.org/10.48550/arXiv.hep-ph/0311031
https://doi.org/10.48550/arXiv.hep-ph/0602134
https://doi.org/10.48550/arXiv.hep-ph/0506247
https://doi.org/10.48550/arXiv.hep-ph/0505220
https://doi.org/10.48550/arXiv.1812.10056

